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The past twenty-five years have seen the revival of an intense debate between two long-standing
frameworks in the philosophy of mathematics: fregean platonism on the one side, and nominalism on the other side.
Crispin Wright for the former, and Hartry Field for the latter, are the most prominent proponents of these views.
What is at stake, among the various issues involved, is the legitimacy of our talk of numbers as (abstract) objects.
Nominalism refuses to take as genuinely true any statement involving reference to objects other than those allowed
by physics. On the other hand, it is an essential claim of neo-fregeanism (or neo-logicism) that taking mathematical
(arithmetical, to stick to the ‘clear’ case) statements at face value is possible only when singular terms for numbers
are thought of as capable of genuine reference to objects. Nothing as Gödelian intuition is in sight here. Rather,
some version of Frege's contextual definition is exploited, what is commonly known as Hume's Principle.

The core idea of nominalism is a quite straightforward opposition to the Quine-Putnam indispensability
argument. Arguments given to show that every nominalistic consequence of every nominalistic statement is
derivable without exploiting mathematical language are taken to be a proof that mathematical language is somehow
redundant. Mathematical statements cannot be considered ‘true’. They are abstract counterparts of nominalistic
statements, enormously useful in simplifying what would be extremely and intractably long inferences. Still,
mathematics is not a body of truths, and it can be dispensed with (though it does not necessarily have to). Talk of
the existence of abstract objects, especially in the case of numbers, amounts to an illegittimate ontological claim.

On the other hand, the core claim of neo-logicism is that second-order logic and Hume's Principle (stating
that the number of F's is the same as the number of G's if and only if there is a one-to-one correspondence between
the F's and the G's) are sufficient not only for the derivation of the Peano Axioms (what has been called Frege's
Theorem by Boolos), but also, from an epistemological point of view, for granting an ‘a priori’ access to the truth of
the fundamental laws of arithmetic. Here the truth of arithmetical statements involves genuine reference to (abstract)
objects for singular numerical terms. Two numbers are to count as identical if and only if there obtains an
equivalence relation of equinumerosity between a pair of concepts. Hume's Principle is an instance of abstraction
principles, other illustrious examples being Frege's definition of direction in Grundlagen and Grundgesetze's Basic
Law V.

What is peculiar, in this debate, is that somehow similar expedients are deployed on both parts to hold
radically different theses. In defending his position from the attacks of those that claim the general unreliability of
abstraction principles, in that they can lead to inconsistent results (Basic Law V), various efforts have been made in
order to find criteria for discriminating good abstractions from bad ones. One of those is conservativeness: no
abstraction, when added to a theory (innocent of abstracts) can license inferences from premisses to conclusions
both formulated in the language of the original theory that were not already licensed by that theory alone.  Oddily
enough, the conservativeness of mathematical theories is exacly the main reason adduced by Field in order to
support the idea that mathematical language can be dispensed with.

All this seems to suggest that, in fact, the debate about platonism is somewhat independent from the kind
of arguments in place. On the one side, if one holds oneself to be a platonist, the neo-logicist derivation of arithmetic
from logic seems to offer solid grounds for explaining reference to abstract objects without postulating any
mythological faculty of intuition. On the other hand, if one refuses to consider abstract objects as genuine
participants in the ontology of the world, the conservativeness of mathematics offer as much solid ground to justify
the claim that abstract objects can be dispensed with.

But on neither side the question seems to be settled independently of previous ontological stances. For on
the one hand, the conservativeness of Hume's Principle, per se, does not seem to preclude the way to one who
whished to allow for arithmetical statements to be taken at face value but to be denied genuine reference or truth
conditions. And on the other hand, once it has been demonstrated that mathematical language can be dispensed
with, it has not yet been shown that mathematical statements do not deserve their ontological prop.

What I propose to do is to investigate whether and to what extent the ontological issue about the existence
of abstract objects is settled by the arguments offered by neo-logicist platonists and nominalists, and by the
conceptual tools that are deployed in their arguments.


